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Abstract

A particular failing of Reynolds-averaged Navier-Stokes separated turbulent
flow computations is addressed within the context of a k-w two-equation turbu-
lence model. The failing is the tendency for turbulence models to under-predict
turbulent shear stress in the shear layers of some separation bubbles, yielding
late boundary layer reattachment and recovery. Inspired by unpublished work
of Volker, Langtry, and Menter, the author undertook an independent investi-
gation in an attempt to improve the ability of the Menter shear stress transport
(SST) model to predict flowfield characteristics in and downstream of separa-
tion bubbles. The fix is an ad hoc term that is a function of the local ratio of tur-
bulent production to dissipation; it is used to multiply the w-destruction term,
increasing eddy viscosity in separated regions. With this fix, several flowfields
are investigated. Results show that, although the “separation fix” can provide
dramatic improvement in some cases, it is not consistently good for all flows.
Thus, although it may prove helpful in many situations in its current form, this
model may benefit from further refinements, including better sensitization to
the energetics of turbulence in the separated region.

1 Introduction

It is well-established that Reynolds-averaged Navier-Stokes (RANS) turbu-
lence models often do a poor job representing separation bubble physics, es-
pecially downstream reattachment and recovery. A very-well documented case
is the 2-D hump model (see, e.g., Rumsey [1]). Another well-known case is
flow over a hill [2]. Although many modern models can adequately predict the
onset of smooth-body separation, in the shear layer region of separated bubbles
the eddy viscosity can be under-predicted. This under-prediction results in too
little mixing in the separated region, and consequently a delay in reattachment
and flow recovery.

It has also been noted that some models (notably k-e variants) are often un-
able to predict the onset of smooth-body separation correctly (e.g., Wilcox [3],
Rumsey [2]). By predicting the onset of separation too late, these models tend
to predict shorter bubble size. Sometimes, the shorter bubbles coincidentally
agree better with experiment, but this is for the wrong reasons. Turbulent shear
stress levels within the bubble are still often under-predicted by k-e models;
the only reason why the bubble is shorter is because of its (incorrect) delayed
separation.

As discussed in Rumsey [1], large eddy simulation (LES) methods, as well
as some hybrid RANS-LES methods, have demonstrated dramatic improve-
ment compared to RANS for separated flows. This improvement is due to the
fact that in the separation bubble, the large eddies are resolved in space and
time. By capturing the turbulent eddy motion, the separated flow physics are
better represented. Of course, this improvement comes at a great cost, because
LES and RANS-LES computations are necessarily 3-D and time-accurate on
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highly resolved grids.
It seems reasonable to assume that RANS models could be improved to bet-

ter approximate separated flow physics. After all, in attached turbulent bound-
ary layers, RANS (with an eddy viscosity model) is doing no more than approx-
imating the average effects of random turbulent eddies through the action of a
mean local eddy viscosity. Currently, turbulence models are under-estimating
the average effects of the larger (and more energetic) eddies that are present
in reality in separated bubble shear layers. Perhaps it is reasonable to attempt
to improve this modeling through increased eddy viscosity inside the bubble.
This idea was briefly explored in a simple numerical test in Rumsey [4] and was
found to be viable. If successful, improved RANS modeling would offer a far
less expensive alternative to LES and RANS-LES time-dependent simulations,
particularly for nominally two-dimensional configurations.

The current paper explores an idea suggested to the author.' It is based on
unpublished work by Volker, Langtry, and Menter. However, other than the
idea to make use of the ratio of local turbulence production over dissipation to
trigger an increase in eddy viscosity, the fix and its implementation are orig-
inal. The unpublished method of Volker, Langtry, and Menter is proprietary
(it is implemented in a commercial CFD code), and its details are unknown
to the author. The current method described in this paper should be thought
of as a complementary exploration of a possible technique to improve the pre-
dictive behavior of k-w models for separated flows. Further improvements are
certainly possible. Using steady-state RANS, the two-equation Menter shear
stress transport (SST) model is employed as the vehicle for testing the tech-
nique, although the fix should be equally applicable to any k-w model.

The paper is organized as follows. First, the standard SST model is de-
scribed, followed by details concerning the separation fix. A brief overview of
the CFD code’s numerics is then given. For results, the following separated
cases are computed: hill, backstep, diffuser, hump (without and with flow con-
trol), and axisymmetric bump. Finally, conclusions are drawn.

2 The Two-Equation Turbulence Model

2.1 Menter k-ω SST Model

The two-equation SST model of Menter [5] can be written as:
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where in the standard SST model the new separation fix parameter F3 f ≡ 1.
Details concerning F3 f will be given below. The eddy viscosity is given by:

'Menter, F., private communication, 2009.
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where a1 = 0.31, Q is the magnitude of vorticity, and F1 and F2 are blending
functions (given below). Furthermore, v = µ/p and vt = µt/p.

The production term P is given by
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Note that the definition for 7-zj varies in the literature: sometimes it is defined
with the opposite sign, and sometimes it is defined without the density. The
definition does not matter as long as the production term is defined appropri-
ately in Eq. (4), with +2µt5zj (∂uz/∂xj ) as the leading term in P. In Eq. (5),
the —(1/3)(∂uk/∂xk )δzj term and the (2/3)pkδzj term are often ignored for
low-speed flows (the former term makes the strain rate tensor traceless in 3-D
flows).

In an often-used variant of the k-w model, the production term is simplified
by an approximation that makes use of the local magnitude of vorticity Q:

P = µtQ
2
 — 23 

pkδzj ∂x
z
	 (7)

j

This vorticity source term is often a good approximation of the exact source
term in boundary layer flows [6], and its use can avoid some numerical diffi-
culties associated with the use of the exact source term. It is used for all results
in this paper. Again, it is often common to ignore the (2/3)pkδzj term in the
production source of Eq. (7) for many low-speed applications.

The “shear stress transport” (SST) part of the model is based on Brad-
shaw’s hypothesis [7] that the principal shear stress is proportional to k, via:

7-12 = —pa1k. From Eq. (5), the primary term in eddy viscosity models is:

7-12 = —2µt512 . In adverse pressure gradient boundary layer flows, the stan-
dard method often leads to too much eddy viscosity (an over-prediction of 7-12 ),
inhibiting or delaying separation. In these situations, it is better for the model
to choose 7-12 based on Bradshaw’s hypothesis. Using:

pa1k = 2µt512 	 (8)

we find how to set the eddy viscosity in order to recover values corresponding
with Bradshaw’s hypothesis:



pa1k ti pa1k
At =	 ^ 

Ω	
(9)

2S12

Functionally, Eq. (3) chooses the minimum eddy viscosity between the stan-
dard one and that dictated by Bradshaw’s hypothesis limited to within the
boundary layer region.

In the SST model, there are two sets of coefficients that are combined using
a blending function. The constants for set 1 are β∗

1 = 0 . 09, σk1 = 0 . 85,
β1 = 0 . 075, σu, 1 = 0 . 5, and γ1 = β1/β∗

1 — σu, 1 r.2/
p

β∗
1 Pz^ 0 . 55317. The

constants for set 2 are β∗
2 = 0 . 09, σk2 = 1 . 0, β2 = 0 . 0828, σu,2 = 0 . 856, and

γ2 = β2 /β∗
2 — σu,2 r.2/

p
β∗

2 Pz^ 0 .44035. The constant r. is defined as r. = 0 . 41.
Set 1 and set 2 are blended via:

φ = F1φ1 + (1 — F1 )φ2	 (10)
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where d is the distance to the nearest wall. The F2 term is given by:

F2 = tanh(arg2
2 )	 (14)
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2.2 Description of the Separation Fix

The new separation fix parameter is defined as follows:

Fs f = fd { min 
(

12, max 
L

1, 
(

4P — 5)J I } + (1 — fd )	 (16)

where

fd = 1 — tanh ( [8rd] 3)	 (17)
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q
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Within the context of the current k-W model, the production-to-dissipation ratio
is obtained via:
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P = 
µtQ2	

(19)
E	 0 . 09pkw

The rationale for the form of Eq. (16) is the following. Volker, Langtry, and
Menter noted in their unpublished work that in separated shear layer regions
where turbulent shear stress is under-predicted, the P/E tends to be signifi-
cantly larger than 1, and often as high as 3 — 4. In most boundary layers,
wakes, jets, etc., P/E < 1.5 or so. In the current work, a function was devised
that remains 1 when P/E < 1.5, and quickly increases (to a maximum of 12
when P/E ≥ 4.25) for larger values. (This maximum of 12 was chosen merely
to keep Fs f bounded. The fix is not believed to be particularly sensitive to
this number, so long as it is not too small.) In order to minimize the impact
of the function on the SST model’s previously-calibrated ability to compute
attached boundary layers and separation points, the function is turned off in-
side boundary layers through the use of the fd function from Spalart et al. [8].
This function is intended to be 1 in LES regions and 0 elsewhere. The SST’s
F1 blending function – used as (1 — F1) in place of fd in Eq. (16) – was also
attempted in the beginning of this study, but it tended to be much less smoothly
behaved (and hence numerically more problematic) than fd in the separated
shear layer region.

The model represented by Eq. (16) is not derived from rigorous physics,
but rather represents an ad hoc fix based on the recognition that a specific local
turbulent quantity (P/E) could be used to identify an area where larger eddy
viscosity levels may be warranted. The choice of influencing the eddy viscosity
by increasing the w destruction term was made based on success with similar
implementation of a curvature correction fix [9, 10]. Other choices, such as
increasing the k production term (done by Volker, Langtry, and Menter in their
unpublished work) or increasing the eddy viscosity (Eq. (3)) directly were not
attempted here. It should be noted that, because this model reduces w in the
separated shear region, both F1 and F2 (Eqs. (11) and (14)) are typically af-
fected when P/E > 1.5, somewhat extending the area in which these blending
functions equal 1 in the separated shear region.

3 Numerical Method

The computer code CFL3D [11] solves the three-dimensional, time-dependent,
Reynolds averaged compressible Navier-Stokes equations with an upwind finite-
volume formulation (it can also be exercised in two-dimensional mode of op-
eration for 2-D cases). It can solve flows over multiple-zone grids that are
connected in a one-to-one, patched, or overset manner, and can employ grid se-
quencing, multigrid, and local time stepping when accelerating convergence to
steady state. Second-order accurate upwind-biased spatial differencing is used
for the inviscid terms, and flux limiting is used to obtain smooth solutions in the
vicinity of shock waves, when present. Viscous terms are centrally differenced
with second-order accuracy. For very low Mach number flows, precondition-



ing [12] is used to insure convergence and accuracy of the solutions. The code
can use either full Navier-Stokes (including all cross-derivative viscous terms)
or thin-layer (for which cross-derivative viscous terms are neglected and vis-
cous derivatives in specific coordinate directions can be ignored). For all results
in this paper, full Navier-Stokes was employed.

The CFL3D code is advanced in time with an implicit approximate fac-
torization method. The implicit derivatives are discretized as spatially first-
order accurate, which results in block tridiagonal inversions for each sweep.
However, for solutions that utilize Roe flux-difference splitting [13], the block
tridiagonal inversions are further simplified using a diagonal algorithm with a

spectral radius scaling of the viscous terms.

The turbulence models are solved uncoupled from the mean flow equations
using implicit approximate factorization. Their advective terms are discretized
using first-order accurate upwind differencing. In all cases presented in this
paper, turbulence models were integrated all the way to the wall (no wall func-
tions), and minimum y+ levels in all grids were less than 1, even on the coarser
grids.

For boundary conditions, the two-equation k-W turbulence model used the
following. At solid walls, k,,, = 0 and W,,, = 60µ,,,/ (ρ,,,β1d21 ), where d1 is the
distance to the first cell center off the wall. In the freestream, k00/(a2

re f)
9 x 10-9 and W00µref /(ρref a

2
re f ) = 1 x 10-6 , giving µt,00 /µref = 0.009.

4 Results

4.1 2-D Hill

The 2-D hill case was originally an experiment reported by Almeida et al. [14].
Jang et al. [15] modified the geometry and test conditions for their LES study,
which subsequently served as a reference for a RANS workshop [16]. The
Jang et al.LES results also serve as a reference for evaluating the RANS results
here. The Mach number for the 2-D hill case was very low (M=0.001), so
preconditioning was employed in CFL3D. The Reynolds number was 10,595
per hill height H. At the upstream boundary, the velocity and turbulence levels
were specified based on the LES data, and the pressure was extrapolated from
the interior of the grid. At the downstream boundary the pressure was set to
p/pref = 1, and all other quantities were extrapolated from the interior of the
grid. Both bottom and top walls were no-slip adiabatic. Fig. 1 shows a picture
of the grid, with every fourth gridpoint shown in both coordinate directions for
clarity.

Results showing separation and reattachment location on the fine (737 x
193), medium (369 x 97), and coarse (185 x 49) grids using SST and SST
including the “separation fix,” termed SST-sf, are shown in Fig. 2. As with all
grid studies to be shown in this paper, the medium grid was made from every
other point in each coordinate direction of the fine grid, and the coarse grid was
every other point from the medium grid. Locations are plotted as a function of
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1 /N, where N is the number of grid cells. For 2-D, 1 /N is proportional
to the average grid spacing, O h . Here, Oh is used rather than O hl because
the results of interest (separation and reattachment locations) converge in this
case with close to first order accuracy, likely because of the use of first-order
wall boundary conditions in CFL3D. The finer the grid, the closer 1 /N ap-
proaches zero (infinite refinement). As described in Rumsey [2], many models
that predict the separation location reasonably well (say, within 15 − 20%),
including SST, predict too long a separation bubble compared to the LES refer-
ence (which agrees well with experiment). This is because the turbulence mix-
ing is under-predicted inside the bubble. Here, SST-sf significantly improved
the SST results compared to LES. Standard SST over-predicted the reattach-
ment location by 63% on the fine grid, whereas SST-sf over-predicted by only
13%.

Contours of P/e, using Eq. (19) and the SST-sf model, are shown in Fig. 3.
This figure illustrates how this particular quantity had levels significantly greater
than 1.5 in the separated shear region. Fig. 4 shows the resulting contours of
Fs f for the SST-sf solutions. The contours were identically 1 most places in
the flowfield, and only exceeded 1 in the separated shear region. The increase
in the eddy viscosity for the SST-sf model compared to SST in the separated
region can be seen in Fig. 5. Note that the eddy viscosity is affected throughout
the separated region, and not just in the thin layer where P/e is high. Stream-
lines are shown in Fig. 6.

Profiles of velocity, nondimensionalized by upstream reference velocity
Ure f, are plotted at ten stations in Fig. 7. Both models performed well in the
initial separation region, through x/H = 3, but beyond that the SST-sf model
reattached and recovered quicker. Profiles of turbulent shear stress ( u'v') and
turbulent kinetic energy (k), both nondimensionalized by U 2re f , are plotted in
Figs. 8 and 9, respectively. In these figures it is clearly seen that SST under-
predicted u'v' and k peak magnitudes throughout the separated region. The
SST-sf model agreed better with the LES results, although its peak levels were
still severely under-predicted at x/H = 0.5 and 1.0. This under-prediction is
at least in part due to the fact that the fix is switched off in near-wall regions via
the fd function to avoid affecting the already well-calibrated SST model inside
boundary layers.

4.2 2-D Backstep

The 2-D backstep is a separated case for which the standard SST model al-
ready does a reasonably good job compared to experiments [5]. (The one-
equation Spalart-Allmaras (SA) model [17] also does fairly well; see Rumsey
and Thomas [18].) This agreement brings up two questions. First, why do
RANS models like SST and SA perform reasonably well in terms of predict-
ing reattachment location for this separated case, but not for others like the hill
and hump? (As will be seen below, standard SST does not dramatically under-
predict the magnitude of the peak turbulent shear stress for this backstep case.)
Second, given that SST already gives fairly good predictions, will the SST-sf
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model make them worse?

Experimental data for the backstep case are from Driver and Seegmiller
[19]. This is a “classic” case, often used to test turbulence models. A step of
height H is in a tunnel with height 8H (9H after the step). The Mach number
is 0.128 and Reynolds number based on step height is 37,573. In the original
experiment, the top wall was set to different angles, but here only the straight
wall case was computed.

Fig. 10 shows the grid used, which consisted of three zones ( 97x 257, 385 x
257, and 129 x 257), connected with a patched interface at the step and one-
to-one downstream. Both bottom and top walls were no-slip adiabatic. At the
outflow boundary, p/pTe f = 1.00149 and all other quantities were extrapolated
from the interior. At the upstream boundary, the u-velocity profile was set
to approximately match the reference boundary layer thickness and wall skin
friction level. The k and e values were specified in a way similar to that used
by Monson et al. [20], as follows. In the near wall region (y+ < 4), the values
for k were obtained from the expression k+ = 0.05(y+ ) 2 . The peak k was
specified as 0.004U 2Tef, and was assumed to be at y+ = 25. The value of e

was computed from e = C
3/4
µ K3/2/Lm , with Lm = κy in the inner region

and Lm = 0.09δ in the outer region. Then, w was obtained from w = e/k.

Also at the upstream boundary, the density was specified at ρ/ρref = 1, and the
pressure was extrapolated from the interior of the grid.

Fig. 11 shows the grid refinement effect on reattachment locations for the
backstep using both SST and SST-sf, compared to experiment. The fine grid
had 155,648 total cells, medium had 38,912, and coarse had 9728. In this case,
SST slightly over-predicted the reattachment location by about 2% on the fine
grid, but SST-sf under-predicted it by almost 35%. Contours of P/e and F3 f
for the SST-sf solutions are shown for three different grid levels in Figs. 12
and 13, respectively. The P/e levels in the shear layer were greater than 4,
consequently yielding F3 f values well in excess of 1. Streamlines are shown
in Fig. 14, and bottom wall skin friction coefficient is shown in Fig. 15.

Fig. 16 shows u-velocity profiles and Fig. 17 shows turbulent shear stress
profiles at three locations downstream of the step. At x/H = 1 and 4, the SST
model matched experimental velocity very well, but did not recover quickly
enough at x/ H = 6. SST-sf results were poor at the first two stations, but better
downstream. However, this was no doubt because it reattached too early. The
SST model also predicted peak u'v' reasonably well, whereas SST-sf predicted
too large a peak magnitude.

This test case suggests that, although SST-sf can improve the separated
flow predictions for a particular case (e.g., the 2-D hill), the fix is not univer-
sal. For the backstep, although the SST-sf model performed as it was intended
(augmenting the eddy viscosity in the separated shear region) the original SST
model performed much better than SST-sf compared to experiment. In this
case the peak nondimensional u'v' magnitudes from experiment were less than
half those in the 2-D hill case. Perhaps enhancement of turbulent mixing in the
shear layers of separation bubbles is not universally needed for RANS models,
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and there may be some physics in the flowfield that dictate whether or not en-
hancement is called for. Certainly, the current results suggest that P/E may not
necessarily be the most appropriate indicator for it.

4.3 2-D Diffuser

The 2-D diffuser case is a one-sided diffuser that comes at the end of a fully-
developed channel flow. The wall angle is 10°, and separation occurs on the
sloped wall and then reattaches downstream. This experiment was performed
by Obi et al. [21] and again later by Buice and Eaton [22]. Like the 2-D back-
step, this is a configuration for which the standard SST model already does a
reasonably good job, with the exception that separation is predicted somewhat
early (see, e.g., Hirsch and Tartinville [23]). Some other modern RANS mod-
els also perform reasonably well. LES has also been very successful (see, e.g.,
Kaltenback et al. [24]).

The grid used was 865 x 193, shown (with every fourth point removed for
clarity) in Fig. 18. The grid extended upstream to x = −80 and downstream
to x = 100. The ramp itself ran from x = 0 to 20. The upstream channel
height was y = 1 and downstream channel height was y = 4.7. There was wall
curvature with radius R = 9.7 at the start and end of the ramp, as described
in Buice and Eaton [22]. Reynolds number based on the upstream channel
height was 20,000. The computations were performed using a reference Mach
number of 0.2. At the inflow, total pressure and total temperature were set
to pT/pref = 1.02828 and TT/Tre f = 1.008, respectively. At the outflow,

p/pref = 1.0 and all other quantities were extrapolated from the interior. Top
and bottom walls were adiabatic no-slip.

In this case, results using SST and SST-sf were essentially identical on all
grid levels. This was because the P/E in the separated shear layer was less
than 1. 5, so the F3 f parameter never became active (i.e., F3 f = 1 everywhere).
A plot of P/E is shown in Fig. 19. Streamlines on the finest grid are shown
in Fig. 20. Separation occurred on the ramp near x = 2.5, then reattached
downstream near x = 29.2. The bottom wall skin friction coefficient is shown
in Fig. 21 on the three different grid densities, compared to the experiment of
Buice and Eaton [22]. It can be seen that the SST and SST-sf results separated
early compared to experiment, but reattached at approximately the correct lo-
cation. Reattachment locations differed by only about 1% on the medium grid
compared to the fine grid.

Profiles of u-velocity are shown at six different stations in Fig. 22, com-
pared to experiment. Here, velocities are nondimensionalized by upstream bulk
velocity Ubulk, the average velocity in the upstream channel [22]. Generally,
comparison was very good in and near the separated and reattachment region.
However, downstream recovery was too slow, as indicated at x = 33.87. Al-
though not shown, this slow recovery persisted downstream, as also noted in
Hirsch and Tartinville [23]. Turbulent shear stress profiles are shown in Fig. 23.
If anything, the SST and SST-sf over-predicted the peak levels in magnitude.
Overall, however, results were in reasonable agreement with the experiment.



4.4 2-D Hump without and with Flow Control

The 2-D hump case, originally tested by Seifert and Pack [25], was subse-
quently retested by Greenblatt et al. [26,27] for the CFDVAL2004 validation
workshop [28]. This test has served as a reference case for dozens of CFD stud-
ies. It is particularly useful because the case clearly demonstrates the under-
prediction of eddy viscosity by RANS turbulence models in the separated shear
layer region at the back end of the hump, leading to too little mixing and hence
too late a reattachment downstream. Methods like LES that resolve the un-
steady 3-D turbulent eddies in the separated region have been shown to do a
much better job [1].

The Mach number was 0.1 and Reynolds number was 936,000. Two condi-
tions are shown here: no flow control and steady suction. Boundary conditions
were set as follows. At the floor and hump surfaces, as well as at the side walls
inside the cavity, solid wall adiabatic boundary conditions were applied. At
the front of the grid, which extended to x/c = —6.39, far-field Riemann-type
boundary conditions were applied. This boundary condition is essentially a
non-reflective freestream condition; the location x/c = —6.39 was chosen so
that the naturally-developing fully-turbulent boundary layer in the computation
reached the same thickness as the experimentally measured value of approxi-
mately S/c = 0.073 at the location x/c = —2.14. At the downstream boundary
(at x/c = 4.0) the pressure was set at p/pref = 0.99962, and all other quantities
were extrapolated from the interior of the domain. This back pressure was cho-
sen to achieve approximately the correct inflow conditions for steady flow. The
top tunnel wall was treated as an inviscid wall. Its shape was contoured to ap-
proximately account for the effects of side plate blockage [4]. At the bottom of
the cavity, for no-flow-control an Euler (slip) boundary condition was applied,
and for steady suction a constant v-velocity ρv = —0.001248ρre fare f was
used, with density and pressure extrapolated from the interior of the domain.
This latter boundary condition was chosen to achieve a suction rate equivalent
to approximately 0.01518 kg/s through a 23-inch-span slot.

Fig. 24 shows a picture of part of the grid, with every other gridpoint shown
in both coordinate directions. The fine grid had 208,320 grid cells with 4 zones
connected in a one-to-one fashion. Medium and coarse levels were created by
taking every other point in each coordinate direction.

Computed separation and reattachment locations for no flow control on
three different grid levels are shown in Fig. 25, as a function of 1 /N. SST
and SST-sf produced similar separation locations, but dramatically different
reattachment locations. In this case, SST reattached too far downstream (11%
in error from experiment on the finest grid), and SST-sf reattached too far up-
stream (5% in error on the finest grid). Streamlines are compared in Fig. 26,
and confirm that the SST bubble was too big, while the SST-sf bubble was too
small. For reference, the P/e contours on the fine, medium, and coarse grids
are shown in Fig. 27; corresponding Fs f contours from the SST-sf solutions
are shown in Fig. 28.

Surface pressure coefficient and skin friction coefficient are displayed in
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Fig. 29 for no flow control. Three grids are plotted for SST-sf, but only the
finest grid result is shown for SST, for clarity of comparison. Profiles of nondi-
mensional u-velocity and uY at four different span stations in and downstream
of the separation bubble are plotted in Figs. 30 and 31, respectively. Again, only
the fine grid SST result is displayed for clarity. Within the bubble itself, both
SST and SST-sf produced similar velocity profiles, but SST-sf showed faster
recovery and better agreement with velocity profiles downstream, at x/c = 1.1
and 1.3. SST-sf behaved as it was designed to, producing higher turbulent shear
stress levels than SST downstream of separation, in better agreement with ex-
perimental levels.

Computed separation and reattachment locations for steady suction flow
control are shown in Fig. 32. In this case, SST reattached 19% too far down-
stream on the fine grid, while SST-sf reattached in good agreement with ex-
periment, only 4% too far downstream. Streamlines are shown in Fig. 33. Re-
sults using SST-sf were significantly better in comparison with experiment than
SST. For reference, the P/e contours on the fine, medium, and coarse grids are
shown in Fig. 34, and corresponding Fs f contours from the SST-sf solutions
are shown in Fig. 35.

Fig. 36 shows surface pressure coefficient and skin friction coefficient for
the suction case (note that c f was not measured in the experiment). Profiles of
nondimensional u-velocity and uY are given in Figs. 37 and 38, respectively.
Results for SST-sf were generally much better than results for SST, although
the SST-sf turbulent shear stress levels at x/c = 0.8 and 0.9 were still dramat-
ically too low in magnitude compared to the experiment. This disagreement
indicates that the current ad hoc fix in the SST equations is not adequately re-
flecting the physics. Apparently, the suction in the experiment induces much
more turbulent mixing within the bubble compared to no flow control (peak
experimental uY magnitude at x/c = 0.8 is 0.04 in Fig. 38 compared to 0.02
in Fig. 31). But the models generated similar turbulence levels in both cases.

4.5 3-D Axisymmetric Bump

The 3-D axisymmetric bump case is a widely-used test case for shock-induced
separated flow, followed by reattachment / recovery. The experiment was per-
formed by Bachalo and Johnson [29]. Current 3-D results were computed on
a fine 2 × 721 × 321 grid, along with a medium and coarser level that used
every other point in the latter two coordinate directions, successively. The two
axisymmetric planes were separated by an angle of one degree. A picture of
a portion of the grid is given in Fig. 39. The Mach number was 0.875, and
Reynolds number was 2.66 million based on bump chordlength. The grid ex-
tended from about 3.2 chordlengths upstream to about 4.4 chordlengths down-
stream. The grid farfield extent was about 4 chordlengths above the bump.
Boundary conditions were periodic (rotated through one degree) on the two
axisymmetric planes, farfield Riemann-type upstream, downstream, and in the
farfield, and no-slip adiabatic on the body.

Traditionally, this axisymmetric bump case is one for which the standard
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SST model has been considered to perform reasonably well, although reattach-
ment is slightly late and downstream recovery is somewhat too slow. However,
the shock location, surface pressure coefficient, and bubble profiles are consid-
ered excellent [5].

When using SST-sf, results were essentially identical to the SST model.
Plots of P/E in Fig. 40 show that, other than at the shock, levels did not greatly
exceed 1.5 in the separated shear layer on the fine grid. As a result, the F3 f
levels, shown in Fig. 41, were very close to one (except at the shock). Even on
the medium and coarse grids, for which P/E levels were somewhat higher in
the shear layer, the F3 f exceeded one only in a small area, and the levels were
not very high. Streamlines are shown in Fig. 42 for the SST model on the fine
grid. Results for SST-sf were identical.

Surface pressure coefficient and skin friction coefficient are shown in Fig. 43(a)
and (b). Computed results were excellent compared with surface cp . Profiles
of velocity and turbulent shear stress are given in Figs. 44 and 45, respec-
tively. Grid convergence was demonstrated in these figures, as well as fairly
good agreement between CFD and experiment. The too-slow recovery down-
stream of reattachment (mentioned above) can be seen in the velocity plots
downstream of x/c = 1.125. SST and SST-sf results for the fine grid were
essentially identical.

5 Conclusions

This study was an exploration of a potential fix for k-w two-equation models, to
improve their predictive ability in separation bubble regions. The fix was based
on an idea in unpublished work of Volker, Langtry, and Menter that P/E could
be used as a trigger to recognize the shear layer of a separation bubble, where
increased eddy viscosity might be desired for additional turbulent mixing. The
unpublished work used a proprietary methodology, so in the current work a new
methodology was “invented” in order to explore the idea independently. The
idea was tried within the Menter SST model for a variety of different cases.
When using the fix, the boundary layer region was shielded from its effects
through the use of a blending function.

Overall, the ad hoc method behaved as expected. The trigger recognized
separated shear layers, and a term multiplying the destruction term of the w-
equation caused an increase in eddy viscosity throughout the separated region,
reducing the separation bubble size and bringing about flow recovery earlier.
The two exceptions to this behavior were the 2-D separated diffuser and the
3-D axisymmetric bump. Here, the P/E levels in the shear layer were too low
to trigger the fix to any significant extent, and SST-sf results were essentially
identical to SST. However, these two cases are considered to be ones for which
SST already yields reasonably good predictions, so the fact that SST-sf pro-
duced the same results is encouraging.

As far as improving results compared to LES and experiment, the fix was
clearly not universal. It yielded improved results for the 2-D hill and the 2-D
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hump (both with no flow control and with steady suction), but it degraded the
results for the 2-D backstep, for which SST already worked reasonably well.

An important question that arose out of this study is the following: why
do many RANS models (like SST) predict the turbulent shear stress in some
separation bubbles like the backstep well, yet severely under-predict this quan-
tity in magnitude in other bubbles like the hill and hump? Presumably in the
latter cases the turbulence in the bubble is more energetic. PIE may not be an
ideal discriminator for determining whether or not additional eddy viscosity is
needed to improve the model.

The separation fix proposed in the current work represents a possible tool
that could prove very useful in certain circumstances, but it is not recommended
as a permanent model addition for all circumstances. The methodology is
simple to understand and implement, easy to trigger on and off inside CFD
codes, and yields grid-convergent behavior. Additional RANS work in this
area should focus on finding and/or recalibrating the trigger mechanism to be
more closely tied to the physics of different types of separation bubbles. If a
single model could be devised to work well for all of the cases described here,
it would represent a significant breakthrough for RANS turbulence modeling.
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Figure 1. 737 x 193 2-D hill grid, with every fourth gridpoint shown.

Figure 2. Separation and reattachment locations for the 2-D hill.
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Figure 3. Contours of P/ε on three different grid sizes for the 2-D hill.
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Figure 4. Contours of Fs f on three different grid sizes for the 2-D hill; SST-sf
model.
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Figure 5. Contours of eddy viscosity (µt) for the 2-D hill (fine grid); (a) SST,
(b) SST-sf.
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Figure 6. Streamlines for the 2-D hill (fine grid); (a) SST, (b) SST-sf.
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Figure 7. 2-D hill velocity profiles (RANS results on fine grid).
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Figure 8. 2-D hill turbulent shear stress profiles (RAMS results on fine grid).
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Figure 9. 2-D hill turbulent kinetic energy profiles (RAMS results on fine grid).
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Figure 10. 2-D backstep grid (3 zones: 97 x 257, 385 x 257, and 129 x 257),
with every fourth gridpoint shown.

Figure 11. Reattachment locations for the 2-D backstep.
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Figure 12. Contours of P/ε on three different grid sizes for the 2-D backstep.
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Figure 13. Contours of Fs f on three different grid sizes for the 2-D backstep;
SST-sf model.
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Figure 14. Streamlines for the 2-D backstep (fine grid); (a) SST, (b) SST-sf.
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Figure 15. Skin friction coefficient for the 2-D backstep along the bottom wall
(fine grid).
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Figure 16. Horizontal velocity profiles for the 2-D backstep (fine grid).
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Figure 17. Turbulent shear stress profiles for the 2-D backstep (fine grid).
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Figure 18. Portion of 865 × 193 2-D diffuser grid, with every fourth gridpoint
shown.

Figure 19. Contours of P/ε on the 2-D diffuser (fine grid).
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Figure 20. Streamlines for the the 2-D diffuser (fine grid); results are identical
for both SST and SST-sf.
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Figure 21. Skin friction coefficient for the 2-D diffuser along the bottom wall
(results are identical for both SST and SST-sf).
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Figure 22. Horizontal velocity profiles for the 2-D diffuser (fine grid).
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Figure 23. Turbulent shear stress profiles for the 2-D diffuser (fine grid).
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Figure 24. Portion of 2-D hump grid (4 zones: 793 x 217, 161 x 121, 65 x 121,
49 x 217), with every other gridpoint shown.

Figure 25. Separation and reattachment locations for the 2-D hump, no flow
control.
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Figure 26. Streamlines for the 2-D hump, no flow control (fine grid); (a) exper-
iment, (b) SST, (c) SST-sf.
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Figure 27. Contours of P/ε on three different grid sizes for the 2-D hump, no
flow control.
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Figure 28. Contours of Fs f on three different grid sizes for the 2-D hump, no
flow control; SST-sf model.
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Figure 29. 2-D hump no flow control results; (a) surface pressure coefficient,
(b) surface skin friction coefficient.
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Figure 30. Profiles of horizontal velocity component at four stations on the 2-D
hump grid, no flow control.
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Figure 31. Profiles of turbulent shear stress at four stations on the 2-D hump
grid, no flow control.
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Figure 32. Separation and reattachment locations for the 2-D hump, steady
suction flow control.
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Figure 33. Streamlines for the 2-D hump, steady suction flow control (fine
grid); (a) experiment, (b) SST, (c) SST-sf.
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Figure 34. Contours of P/ε on three different grid sizes for the 2-D hump,
steady suction flow control.
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Figure 35. Contours of Fs f on three different grid sizes for the 2-D hump,
steady suction flow control; SST-sf model.
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Figure 36. 2-D hump steady suction flow control results; (a) surface pressure
coefficient, (b) surface skin friction coefficient.
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Figure 37. Profiles of horizontal velocity component at four stations on the 2-D
hump grid, steady suction flow control.
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Figure 38. Profiles of turbulent shear stress at four stations on the 2-D hump
grid, steady suction flow control.
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Figure 39. Portion of 2 x 721 x 321 axisymmetric bump grid, with every other
gridpoint shown.
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Figure 40. Contours of P/ε on three different grid sizes for the axisymmetric
bump.
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Figure 41. Contours of Fs f on three different grid sizes for the axisymmetric
bump; SST-sf model.
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Figure 42. Streamlines for the axisymmetric bump (fine grid), colored by pres-
sure contours to show the position of the shock; results are identical for both
SST and SST-sf.
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Figure 43. Axisymmetric bump results; (a) surface pressure coefficient, (b)
surface skin friction coefficient.
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Figure 44. Profiles of horizontal velocity component at six stations on the
axisymmetric bump.
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Figure 45. Profiles of turbulent shear stress at six stations on the axisymmetric
bump.
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